A continuous linear operator is a Fredholm operator if and only if it is invertible modulo the compact operators.
In this note, we will generalize several theorems on Fredholm operators to theorems concerning operators invertible modulo the weakly compact operators. 
is commutative. [9, (2.8) ] (The naturality is not explicitly stated in [9] .) THEOREM 1.8. If EeBiX.X, ) and FeB(Y, Y x ) , then E@F = , where φ denotes direct sum.
Proof. Use (j£® ί 7 )* * = #** φf** and the following commutative diagram with exact rows: 
Proof. LetJΓ_eΨ(X, Y). Thenjhere exists EeB(Y,_X) such that

Proof. F + K = F + K = F.
As is shown in [9, Theorem 5.10] , if the Banach spaces X and Y enjoy the property that every closed reflexive subspace of X is complemented and every closed subspace of Y with reflexive quotient is complemented, then every generalized Fredholm operator is invertible modulo the weakly compact operators.
There are, however, other kinds of operators invertible modulo the weakly compact operators. Let X be any Banach space. Let U:X-+X be an invertible operator, and Ke WK(X, X). Then, clearly, U + KeΨ(X, X).
To construct a nontrivial operator invertible modulo the weakly compact operators which is not a generalized Fredholm operator, we start an operator F -U + KeΨ{X, X) such as the one constructed above. We choose a reflexive Banach space Y and an operator 
and (4), (5), (6) are similarly proved. THEOREM 
(1) If FeΨ,(X, Y), then F* e¥ r (Y*, X*). (2) If Fe Ψ r (X, Y), then F* e Ψ t (Y*, X*).
Proof. Q(A) = the set of all quasi-nilpotent (topologically nilpotent [7, p. 12 The following theorem is proved in [5] . Proof.
(1) Clearly, αg = qa is equivalent to α" 1^ = qa~\ Hence, q e Q(A) <=> 1 + aq e A° for all α e A° such that αg = qa <=> 1 + a~^q e A 0 for all a e A° such that aq = qa<=> a + q -α(l + α" ] g) 6 A° for all α such that aq = gα.
(2) Let qΊ, g 2 € Q(A) be such that -g^ = 9^. Let fc be an arbitrary complex number. Clearly, (1 + kq t ) e A° and kq 2 e Q(A). Since (1 + kq^kq^ = (fcg 2 )(l + fcg a ), by (1), 1 + k(q λ + q 2 ) € A°. Since & is arbitrary, g x + g 2 e Q(A).
We remark that (2) also follows from [7, Th. 1.4.1(v) , p. 10]. Now we shall apply these theorems to the specific problem of perturbation of operators (left, right) in vertible modulo the compact operators.
Let X be a Banach space. Let
JS(X) -J5(X)/JΓ^:(X) and r: J5(X)-^5(X) be the natural projection. Notice that B(X) can be considered as a subalgebra of B{X) [9, (5. 11)] and we have
Proof. Use Theorem 4.1 and the above remark. 
Note that if we apply Theorem 4.3 to the case A = B(X)/K(X),
where K(X) is the closed 2-sided ideal of all compact operators, then we obtain Theorems 9, 12, 13, of [8] . They are the classical "relatives" of Theorems 4.6 and 4.7. It would be an interesting problem to characterize the operators in Ψ(X, Y) (Ψι(X, Y) , Ψ r (X, Γ)) intrinsically.
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